
 

Connor I 1 oological K theory

Buca cx n planes in

BU colin Buca

BUG BU n i

10 shift
Xi Xz CQ X Xz

char class u is stable
if wCz ED w z

trivialbdle
stable if we mod at by trivial bdles the char class is stilldefined

reduced stable Vectbundles of X
are Vect X reducedstable

i equivalence NZ iff F49,1K s t Z K z K
RSV X trivial v6

recall V2 7Ep characterisedby Z 05 43
complement

for X connected correct RSV C BUT
functor

RSV is not goodenough
why it is only representable Lo connectedspaces

we losethenotion of rankof abundle

def If M is commutativemonoid then
GrCtr is the group 4 M GrCon
Grtotlendeech

groupof M so V f m G where G is an abgrp
Fwe have M G

41 zit
G r m

f



Grothendieckgroup of a new D
Talked Recali Gr M satisfies

µ G
a

e I iF f Construction

GrCa Grear very largewith

Construction
µ my

quotientbysmallestsub road containing thedugout
givingan equivrelation

M ML
Ca b ncc d 7 F K sothat aedile ceb k

Ca b a b

X compact

K X GrcvectCX

reduced
Cohen theory a general

cTLh CWIP AbCorps s t

II homotopywarrant
2 hk VX 17h
J X A a CUpair we have a natural LES

c hYx hYa hCx h Va E

Reduced K theory i

K X E KCH wir he property a b e IE XY virtualdimensionsubset ill rule a rankb o

overthebasepoint mightbe ear other
am coperesteof X

for a connected space BU still represents

Its



X
KCx c KCher

DSV
DSVCX Kca c KCH c O

l

k BSVCx

ke Kant Kit
E x

BSV E ICH nsv Rsv

mehbundles ltr.uauect.bedles
this implies that BV represents IG for a connected compact X

If I have a group like H sauce B i.e

To D ferns a gap

then pathcomponent r
off B B G

I 5 L
analyn gives us representedby BU XE

Ent En so

ENT Tan En ng il n in

associate In a

X n c DU XI

Xm thought of as a virtual weaker bundleoflocalrank n

X e BU x I canconstruct a virtual v b ha eachanapover K

Ix x En rhythmbelle



Any h has a suspension no I E I't EX
e k n I is known

I h X T CzkX chased
doubleGopspace

Doltperiodicity ICBU XI BU XI

h sequenceofGopspaces
X where we choose R X Xi

r DUKE DU XII REDUX E alternating sequence

R Dux 4 CBU
for a top group C RBGr_G

fmTorerbesepeulwliy7f EG DG
pathspace 1 I Lfibration

rise PNG BG

recall EG aus contractible so pick a ostreton
EG xx to thepath it takes undercontache

In G o Iucn Garmy Tx
f I t

Tu RD to Tu NBG

by 5 lemma theygive aweak equiv G e RBG

Sketched b proofby Mark Behrens
recall Uk set funky oreates Q IEEE'gle

HC I hermitian operate UH
eigenveeteris

n a
Vito Vn is an orthogdeepof a



f eigenvalues n IR
Hea 2 30 L

f exp

UH H is U Dux Ae v

U ate ishaq i fraction
A equiv.to pathspeaks
Colmteenitia

readers witheigenvalues
aging in To D

Talkie Boltpenedicity
Says we can define K X X BU XI if n even

X U it nodd
This makes k a coho theory

eg JI 5k I I n em f E G I il n odd
reduced

o f n odd 0 if neverchasepealed
maps

Relative K theory
Say if X A an adequate pair
KTX A Cx d l Z y are o rlexu.es over X J L

L is an Iso Ela y ta
Ke X 7 Gig at rank rankE't
Let E be a ahenelegg theory
V read vb thatis E orientedIX Feffo

Thomisomorphisaheere i if X is compact then Efx 7 E Hot v Tot VITX



If X not a pact
E Xj E toter Tetch X

t ptceyna.fi

cat6ThoEei
If X is compact ThCV Iot V

If X na co reef first compactB eaelhler then identify the addedinfinitepoints

Fact E Third E Total Total X

If E k ke ay ox v b is K orientable

mmmm
Recally if 6 is an elliptic differentialoperator

1 it X T z T X
tot tot In.T X X
space space

S Symbfy is a nap THz T tg
awayS is a isomorphism for X E T't X

t EKCT X T X x a rel K theoryclass

X isao pact manifold
Infed Sa i 6dm l withneuralbundle µ G r

1 X G T's KCT X X X _I Thc X E xB12 Gdin zlT X 4th use

KYTotquistotgut X

S HN k th S

Y
l

r
Dottpero

KCT4p
Nate µ e



Tot p Th p fromtheunivproperty of I ptoyraehk.edu

kcthlpll KCT.HN KCth Tts

E Th Tt 5 5 g't

Th 1 5 has 6 logy equal to S S

0 2

mention of these naps evaluated on thesymbol s
is the topological index of q ref Stenton'sRTG

Video

X S 5 ohbedding into Snarkyinduces sane lemon Vice Belt periodicity are isotonic

f ind is cell defined

AS indextheorem
a ind al t nd e

l


